This paper is devoted to the following high order elliptic problems under the Navier boundary condition:
Without assuming the standard subcritical polynomial growth condition ensuring the compactness of a bounded (P.S.) sequence, we show that the Navier boundary value problem has at least a weak nontrivial solution for all 0
Introduction and Main Results
Consider the Navier boundary value problem involving the polyharmonic: 
is denoted by p E and its dual spaces by p E′ . The Hilbert space p E is equipped with the standard scalar product and norm, respectively, given by: In [1] , the author considered the existence of positive solutions in semilinear critical problems for polyharmonic operators and proved the existence result in some general domain under the appropriate assumptions by topological methods. In [2] , by variational methods, they obtain the existence of multiple weak solutions for a class of elliptic Navier boundary problems involving the p-biharmonic operator. By using Nehari manifold, Y.Y. Shang and L. Wang [3] considered (1.1) with critical growth and sublinear perturbation and obtained the existence of multiple nontrivial solutions. Moreover in [3] , a concrete example of application of such mathematical model to describe a physical phenomenon is also pointed out. By three critical points theorem obtained by B. Ricceri, Li and Tang [4] have obtained the existence of at least three weak solutions for a class of Navier boundary value problem involving the p-biharmonic. In [5] , combining the mountain pass theorem together with fountain theorem and with local linking theorem and symmetric mountain pass theorem, Li and Tang establish the existence of at least one solution and infinitely many solutions for a class of p(x)-biharmonic equations with Navier boundary condition, respectively.
By using critical point theory, the authors [6] establish the existence of infinitely many weak solutions for a class of elliptic Navier boundary value problems depending on two parameters and involving the p-biharmonic operator. In [7] , a Navier boundary value problem is treated where the left-hand side of the equation involves an operator that is more general than the p-biharmonic. 
Proof of Theorem 1
Proof of Theorem 1. We will divide the proof of the theorem in three steps. 
On the other hand, since By (F 1 ), for any 0
Moreover there is an
Combining (2.6) and (2.7) with the Egorov theorem, there exists ε Ω ⊆ Ω d .
On one hand, we have ( ) Taking account of (2.10), for
This proves that n u u → in p E . Second step: mountain-pass geometric structure.
I has a mountain pass geometry; i.e., there exists 
